Let G(w, z) be a complex polynomial, and 5 a bounded operator of scalar type on a complex Banach space, whose spectrum avoids the points X for which G(\, z) =0 has multiple roots z. The form of a bounded operator T which commutes with 5 and satisfies G(S, T) =0 is established.
Introduction.
Fix a Banach space X over the complex numbers C, and let (B denote the Banach algebra of all bounded linear operators on X. Given SE(& of scalar type, and given a polynomial in two indeterminates G(w, z) = an(w)zn + ■ ■ ■ + ai(w)z + a0iw) (a,-(w) G C[w]),
we seek operators TE& such that (E) T commutes with S and G(S, T) = 0.
Denoting the spectrum of 5 by <r, we assume:
For each X G o-, the polynomial G(X, z) has n distinct complex roots ti(\), ■ • • , /"(a).
We shall establish : In particular, a normal operator on a Hubert space is of scalar type. In the theorem, G need not be irreducible, but by (A) no repeated factors are permitted in the prime decomposition of G. The idempotents Fi are not asserted to be values of E(-), and indeed need not be, if 5 has multiplicity greater than 1.
Foguel [2] proved this theorem for the special case G(w, z) =g(z) -w, g a complex polynomial, and we imitate his proof. For a given solution T of (E), the main step in constructing the F< is to check that G2(S, T) is invertible, where G2(w, z) =dG(w, z)/dz. In Foguel's case, Gi(w, z) =g'(z) is independent of w, and the existence of g'(T)~l follows immediately from (A) and the spectral mapping theorem. The general proof below uses maximal ideals, and we are indebted to the referee for a substantial simplification of our original argument. 
